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1. DeÐxte oti fn(x) →→ f(x) gia x ∈ I ⊂ R, an kai mìno an

lim
n→∞

(
sup
x∈I

| fn(x)− f(x) |
)

= 0

Ap�nthsh:

fn(x) →→ f(x) ⇐⇒ ∀ε > 0∃N∀n ≥ N, x ∈ I : | fn(x)− f(x) |< ε

⇐⇒ ∀ε > 0∃N∀n ≥ N, : sup
x∈I

| fn(x)− f(x) |< ε

⇐⇒ lim
n→∞

sup
x∈I

| fn(x)− f(x) |= 0

2. DÐnetai h akoloujÐa sunart sewn

fn(x) =
{

1
n+1 x ∈ [n, n + 1)
0 alli¸c

Deixte oti fn(x) →→ 0.

Ap�nthsh: Efarmìste to krit rio thc �skhshc 1.

3. Na apodeixete ton nìmo twn hmitìnwn me thn qr sh dianusm�twn (exwterikì ginìmeno).

4. Na brejeÐ ena di�nusma k�jeto sto epÐpedo pou orÐzetai apota shmeÐa A(1,2,3), B(-3,5,1) kai G(0,6,4).

5. Ean |a| = |b| = 1 (̂a, b) = θ na apodeÐxete oti |a− b| = 2|sin( θ
2 )|

6. Na brejeÐ h gwnÐa metaxu twn dianusm�twn ~u = (3, 4, 5), ~b = (4,−5,−3)

Ap�nthsh: 117, 4o
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