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1. Na upologisteÐ to triplì olokl rwma sto qwrÐo D pou perikleÐetai apo touc jetikoÔc hmi�xonec kai to
epÐpedo me exÐswsh x + y + z = 1 ∫ ∫ ∫

x2 + y2 + z2dzdydx

Ap�nthsh 13
240

Ap�nthsh∫ 1

0

∫ 1−x

0

∫ 1−x−y

0
(x2 + y2 + z2)dzdydx = 1

20

2. UpologÐste thn Iakwbian  orÐzousa gia ton metasqhmatismì stic polikèc suntetagmènec kai ton antÐstrofo
tou. Ti parathreÐte?
Ap�nthsh
detJ = r, detJ−1 = 1

r

3. Na upologisteÐ to diplì olokl rwma
∫ ∫

(x2 + y2)dxdy sto qwrÐo D pou perikleÐetai apo tic kampÔlec

x2 − y2 = 1, x2 − y2 = 9, xy = 2, xy = 4

Ap�nthsh Jètw x2 − y2 = u, xy = v kai to apotèlesma eÐnai 8.

4. Na upologisteÐ to diplì olokl rwma
∫ ∫ √

(x2 + y2)dxdy sto qwrÐo D pou perikleÐetai apo touc kÔklouc
me kèntro thn arq  twn axìnwn k aktÐnec R1 = 2, R2 = 3
Ap�nthsh Jètw polikèc kai to apotèlesma eÐnai 38π

3 .

5. Na upologisteÐ to diplì olokl rwma
∫ ∫

ln(x2 + y2)dxdy sto qwrÐo D pou perikleÐetai apo touc kÔklouc
me kèntro thn arq  twn axìnwn k aktÐnec R1 = 2, R2 =

√
2 sto pr¸to teatrthmìrio

Ap�nthsh Jètw polikèc kai to apotèlesma eÐnai πln(
√

2)− π
4 .

6. Na upologisteÐ to embadìn me qr sh diploÔ oloklhr¸matoc tou qwrÐou an�mesa stic kampÔlec

y = x2, y = x + 2

Ap�nthsh∫ 2

−1

∫ x+2

x2 dydx

7. Na upologisteÐ to embadìn me qr sh diploÔ oloklhr¸matoc tou qwrÐou pou sqhmatÐzei o lhmnÐskoc

r2 = 4cos(2θ)

Ap�nthsh
4

∫ π
4

0

∫ 2
√

cos(2θ)

0
drdθ = 4

1


