
Majhmatikìc Logismìc II
Full�dio ask sewn 9

Dipl�- pollapl� Oloklhr¸mata

1 IounÐou 2010

1. UpologÐste to diplì olokl rwma ∫ ∫
1

(x + y)3
dxdy

sto qwrÐo D, ìpou D = {(x, y) ∈ R2/x + y 6 3, x > 1, y > 1}
Ap�nthsh
Aplì wc proc q, = 1

36 .

2. UpologÐste to diplì olokl rwma ∫ ∫
(x2 + y)dxdy

sto qwrÐo D, ìpou D = {(x, y) ∈ R2/y ≥ x2

2 , y ≤ √
2x}

Ap�nthsh
Aplì wc proc q, = 18

7 .

3. Na upologisteÐ to diplì olokl rwma
∫ 1

0

∫ 3

3y
ex2

dxdy
Ap�nthsh
All�zoume thn seir� olokl rwshc, brÐskontac to qwrÐo. e9−1

6 .

4. Na upologisteÐ me diplì olokl rwma to embadìn tou qwrÐou pou perikleÐetai apo tic kampÔlec

y = x + 2, x = −y2

Ap�nthsh
E =

∫ ∫
D

dxdy = 9
2

5. UpologÐste to diplì olokl rwma ∫ ∫
(x + y)dxdy

sto qwrÐo D, ìpou D = {(x, y) : 1 ≤ xy ≤ 2, 1 ≤ y
x ≤ 2}

Ap�nthsh Jètw xy = u, y
x = v kai ètsi, x =

√
u
v , y =

√
uv, det(JT ) = 1

2v . To apotèlesma eÐnai 4−√2
3

6. Na upologisteÐ to diplì olokl rwma ∫ ∫
(x2 + y2)dxdy

sto qwrÐo pou perikleÐetai apo tic kampÔlec

x2 − y2 = 1, x2 − y2 = 9, xy = 2, xy = 4

Ap�nthsh Jètw x2 − y2 = u, xy = v kai to apotèlesma eÐnai 8.
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7. Na upologisteÐ to triplì olokl rwma
∫ 1

0

∫ 1−x

0

∫ 2−x

0

xyzdzdydx

Ap�nthsh 13
240

8. UpologÐste to diplì olokl rwma ∫ ∫
y + 2x2

(x2 + xy)
dxdy

sto qwrÐo D, ìpou D = {(x, y) ∈ R2/y = −x2 + 3, y = −x2 + 8, y = 0, y = 2x}
Ap�nthsh
Jètoume u = y + x2, v = y

x . Tìte, detJ = x2

2x2+y kai paÐrnoume I = 5ln3.

2


